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einai lanjasmènh, giati to plhjoc twn orwn tou ajroismatoc metaballetai
kajwc n →∞.
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Me [ ] na sumbolizei to akeraio meroc eqoume gia n > N ,
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H prwth parenjesh perieqei [
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dhl. gia n > N pairnoume An < 2ε. Sunepwc An → 0.
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H prwth parenjesh perieqei n − N0 + 1 klasmata kajena apo ta opoia einai
< 1

2
. H deuterh parenjesh den exartatai apo to n, einai dhl. mia stajera M .

Etsi ja eqoume
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opou M0 = 2N0−1M einai stajera. Tote omwc
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kai epeidh (1
2
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3. (a) H upakoloujia a2n = (1 + 1
2n

) → 1 enw h a2n+1 = −(1 + 1
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) → −1.
Opoiadhpote allh upakoloujia eite ja teinei sto 1 eite sto −1 eite den ja eqei
orio. Ara ta shmeia susswreusewc thc an einai ta −1, 1.
Epomenwc lim supn→∞ an = 1 kai lim infn→∞ an = −1.

(b) Gia n = 8k + i me k ∈ Z kai i = 0, 1, 2, 3, 4, 5, 6, 7 briskome antistoiqa
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Logw periodikothtoc thc sunarthshc sin( ), kaje mia apo autec tic timec em-
fanizetai apeirec to plhjoc forec sthn akoloujia. Ta shmeia susswreuse-

wc thc akoloujiac einai epomenwc 0,±
√

2
2

,±1. Ara lim supn→∞ bn = 1 kai
lim infn→∞ bn = −1.

(g) Gia n > 10101 eqoume
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100to plhjoc︷ ︸︸ ︷
000............0001

Ara gia n > 10101, to 100sto yhfio cn = 0. Tote lim infn→∞ cn = 0 =
lim supn→∞ cn


