
UPOLOGISMOS EMBADWN

embadìn metaxÔ miac kampÔlhc me y = f (x) ≥ 0 kai tou �xona Ox

S =

x=b∫

x=a

y dx =

x=b∫

x=a

f (x) dx



Na brejeÐ to embadìn pou perikleÐetai apì thn kampÔlh

y = a cosh (x/a), ton �xona Ox , apì to shmeÐo O wc kai thn eujeÐa

x = b
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Embadìn pou perikleÐetai apì thn uperbol  xy = a2, tìn �xona 0x kai

tic eujeÐec x = a kai x = 2a
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embadìn metaxÔ miac kampÔlhc me x = g(y)0, twn eujei¸n y = A ,

y = B kai tou �xona Oy

S =

y=B∫

y=A

g(y) dy =

y=B∫

y=A

g(y) dy

Embadìn pou perikleÐetai apì thn kampÔlh y = x3, ton �xona Oy , tic
eujeÐec y = 1 kai y = 2
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embadìn metaxÔ miac kampÔlhc me y = f (x) kai miac kampÔlhc

y = g(x)

S =

x=b∫

x=a

|f (x)− g(x)| dx



Embadìn pou perikleÐetai apì thn kampÔlh y = x3, ton �xona Oy kai

thn eujeÐa y = 2
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Embadìn pou perikleÐetai apì thn kampÔlh y =
√
x kai thn eujeÐa

y = x2
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Embadìn pou perikleÐetai apì thn kampÔlh x = (
√
a−√x)2 kai thn

eujeÐa y = a− x gia 0 < x < a

0 a

a



Embadìn pou perikleÐetai apì thn kampÔlh y = x kai thn eujeÐa

y = x2 gia 0 < x < 2

0 1 2
0

1

2

3

4



Embadìn pou perikleÐetai apì thn kampÔlh x = y2 kai thn eujeÐa

y + x = 2
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UPOLOGISMOS EMBADOU KAMPULHS �

PARAMETRIKH MORFH

x = x(t), y = y(t) ≥ 0 α ≤ t ≤ β

 S =

x=max(x(α),x(β))∫

x=min(x(α),x(β))

y dx =

t=max∫

tmin

y(t)dx(t)

Na brejeÐ to embadìn pou perikleÐetai apì thn kampÔlh

x1/2 + y1/2 = a1/2, kai thn eujeÐa x + y = a
( Jèsate x = a cos4 t, x = a sin4 t, π/2 ≥ t ≥ 0 )
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Na brejeÐ to embadìn pou perikleÐetai apì thn upokukloeid 

x = a cos3 t y = a sin3 t

-a a

-a

a



Na brejeÐ to embadìn thc èlleiyhc x = a cos t y = b sin t, gia
0 < t < 2π
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Embadìn se polikèc suntetagmènec

An h kampÔlh perigr�fetai apì thn exÐswsh r = f (θ) gia θ1 < θ < θ2
tìte

S =
1

2

θ2∫

θ1

f 2(θ) dθ

r

∆Θ

S =
∑

∆S , ∆S =
r2δθ

2



Na brejeÐ to embadìn pou perikleÐetai apì thn kardioeid 

r = f (θ) = a (1 + cos θ)
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Na brejeÐ to embadìn pou orÐzetai apì thn tom  thc kardioeidoÔc

r = a (1 + cos θ) kai ton kÔklo r = asin θ
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Na brejeÐ to embadìn pou orÐzetai apì thn r = a sin 2θ
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Na brejeÐ to embadìn pou orÐzetai apì thn r = a sin 3θ
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Na brejeÐ to embadìn pou orÐzetai apì thn perioq  tou epipèdou pou

eÐnai ektìc tou kÔklou r = −3a sin 3θ kai mèsa sthn kardioeid 

r = a(1− cos, θ)
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